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EITANAAHIITIKA OEMATA 2014 E_3.MEA3A(a)

TAZH: 3" TAEH EITA.A. (A" OMAAA)
MAOHMA: MAOHMATIKA I/TENIKHX ITAIAEIAX

Hpepopnvia: Kvpraxn 27 Anpiiiov 2014
Aapkewa EEétaonc: 3 dpeg

AITANTHXEIX

OEMA A

Al.

A2.

A3.

‘Eoto ovveyne ocvvaptnon f :[oc,B]—)R e mopdyovsa cvvaptnon F. Tn

otabepn owgpopd F(B) — F(a) ovoudlovpe opiopévo orokAnpopa g
ocovapmong f omd 10 o €éwg T0o P wou 1O ovpPorilovpe  pe:

B
j fx)dx=[F(x)] =F(B)-F(a).

1 >A, 2%, 3> A, 4 A, 5%

1. Av lim f(x) =/, ko v = axépatog, téte lim [f(x)] = ".
)| =1

o= A
X X

B
3. ¢ = mpayporikdg aptdudc, chx =c(B-a).
4. Av ot éva idotnpa (a, B) mov TePLEYEL Eva X, Ko toyvet f(x) = 1f(x,), 10t
n f €xel 010 X TOMIKO EAdyITTO.

5. H mapayovca g % , 6mov g(x) > 0, eivou n ln[g(x)] +c.
g(x
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O®OEMA B
ApOpog | Toyvo- | Xyetwkny | AGporoTikn | ABporoTikn | X, -V, (; x )2 v (; _x )2
Prpriov x; | THTA V; | cuyvoTNTO GYETIKN ovYvoTNTO ! ' '
;% ovvoTNTO N;
F;%

0 5 10 10 5 0 25 125

2 10 20 30 15 20 9 90

4 5 10 40 20 20 1 5

6 15 30 70 35 90 1 15

8 15 30 100 50 120 9 135
YYNOAA 50 100 250 370

Bl. %= F,%=F,%=100%—70% = 30%

Y 11501
£ 03 3
pedo 2 10 05 0%
v 50 100
v,=f, v=0,20-50 =10
V2:X3.V3:§:5
) X, 4
A 5
fo=22=2 2017 10%
Ty 50 e

N, =N,-v,=50-15=35
v,=N,-N,=35-20=15

f4:&:£:£:0,3
v 50 100
B2 x=22_5
50

B3. To min0og eivon 50 (dpt10c). Apa vadpyovv 2 pecaieg mapotnpnoels (25" ko
26"M). Ao ) oThAN NG PPOIGTIKNAG GLYVOTITAC CTEC OVTIGTOLYOVV GTNV TIUN

netafAnTic x4. Apa & = 6—;6 =0.

szzﬂ_ﬂ_m;

B4. = =7,
50 100
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B5. x'= 250+50-2 :350 _7
50 50

OEMAT
I'l. And toug TePLopIGHOVG TOV KAAOWV TG CLVAPTNONG X € (0, +oo) :

2 —
2. limf(x)=lim X8 _

x—>2" x=2" D _\Ix+2 B
—x*+6x—-8=—(x-2)(x—4), apod n eficwon —x’ +6x—-8=0 &ye pileg T1g
X1=2 Kou X,=4.

:% (Ampocdiopiotn Mopen)

lim f(x) = lim ———~—— —X’+6x-8 _ o o= )(x - @Q+$Ef)
x—2" x—>2" 2—@ xaz (2 \/:)(24_\/:)
TR A -2 VX +2) L —(x=2(x =2 +x+2)

x4 4-(x+2) x—>2" 4—-x-2
[ EEE 2 VXH2) |  —(x=2)x A2 X+ D) |
x—»2" 2—x x—>2* —(X = 2)

hm[@ ®@+Jx+)] (2-4)2+/4)=(-2)-4=-8

x=>2"

=1 e’ =21,
X +2 2+2

2
I3. limf(x)zlim{k-X +4-e“} 2°+4
X2 X2
I'4. T va vapyet 10 6p1o oto x = 2 Ba mpémel va woyvet. lim f(x) = lim f(x).
x—27 x—>2"

-8
Xvveng OBa Eyovpe 2A=-8 < A = 7 SA=—4

I'S. T va eivan coveyng n ocvvaptnon oto x=2 Ba TPETEL vaL 1IGYVEL:
lim f(x) = lim f(x) =1(2).
x—27 x—2"

£(2) =10
Apa =8 k=—8oKk=-2
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E

OEMA A
Al.  And Oeopnpo Fermat &yovpe 6t £'(1)=0

(a+Inx)"x*—(a+Inx)-(x)' l'X_(OH_IHX)'I

f'(x)= . =X - =
X X
l-a—Inx
X
f(D)=01-a-nl=01-0=0=o=1
A2 f=0e X o TIX G x=0ohx=hlex=1
X X
f'(x)>0<:>_h;x>0<:>—lnx>0<:>lnx<0<:>lnx<ln1<:>x<1
X
x [ 0 1 4o
o0l e 0 :
) [} / Ny

T.M.
H f T o10 (0,1] xaun £ o70 [1,+0)

A3. H f mopovoidler oto x = 1 T.M. (mov eivor kot OAKo). Apa. amwd Tov opiopd

1+Inl
tov Tomikov Meyiotov woybet: f(x) <f(l) < f(x)< 1

sfx)<1.

A4 E= ﬁg(x)\dx
1

1+Inx

gx)=x-f(x)-lg(x)=x- -logx)=l+hx-1<g(x)=Inx

gx)>0& Inx>0< x>1. Apaoto [1, e] ng(x)> 0.

E= ﬁg(x)\dx = j.lnxdx = Je.l-lnxdx = Je.(x)'-lnxdx =
1 1 1 1
=[X'111X]f —j.x-(lnx)'dx =e-1ne—1-lnl—j.x-ldx =
1 1 X

:e-l—l-O—J.ldx=e—(e—1)=e—e+1=1r.u.
1
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